E={f(g(f(z))) =f(g(x)),g(g(x)) =glx)}

“Orient”

(@, {fgf(x) — fg(),8%(x) — g(x)})

fefgf ()
“Generate” ~
“Reduce Equation” fg?f(x)
“Orient” |

fgf ()

(@, {fgf(x) — fg(x),fef(z) — fg*(z),8%(x) — g(x)})

“Reduce Left” without restrictions

({fg’(z) = fg(x)}, {fef(z) — fg*(2). g% (x) — g(2)})

“Reduce Equation” & “Delete”

(@, {fsf(x) = fg*(x),&°(z) — g(x)})



(@, {fef(z) — fg*" (z),8%(z) — g(z)})

fgfgf ()
“Generate” § — \ i
“Reduce Equation” fg? f(x) fgfg® (z)
“Orient” * |
fef (x) fg?'g?" (z) = fg?"" ()

(@, {fef(z) — fg?" (2), fef(z) — fg®" (z),82(x) — g(z)})

“Reduce Left” without restrictions

({fg® (z) = fg2" (2)}, {fef(z) — fg®" (z),82(x) — g(z)})

“Reduce Equation” & “Delete”

(2, {fef(z) — g (2),g%(z) — g(x)})

E,=@, R, =1{g*(x) — g(x)} not equivalent to original &



“Orient”
(9,{(G1),(G2),(G3)}) with  f(z,f(y,2)) — f(f(z,y),2) (G1)
f(r,e) — x (G2)

f(x,i(x)) — e (G3)

“ ” . f(z,f(y,i(y))) -

Generate — L

‘Reduce Equation”  (f(x,y).1(y)) f(z.e)

“Orient” (G2)

(9,1(G1),(G2),(G3), (G4)}) with f(f(z,y),i(y)) — = (G4)



f(x,f(y,2z)) — f(f(z,y),z) (G1) f(x,i(x)) — e (G3)
f(r,e) — «x (G2) f(f(z,y),i(y)) — x (G4)
f(f(z,e),i(e)) f(f(z,i(e)),i(i(e)))
4 2\* 4 5\
PR S ERT) :1:/(G) O e iie)))
f(x,i(e)) — x (GH) f(x,i(i(e))) — = (G6)

f(i(e),i(i(e)))

3 /(GS) (% i(e) Delete (G5) and (G6)!

i(e) — e (G7)



flz,f(y,2)) — f(f(z,9),2) (G1) f(f(z,9),i(y) — = (G4)
f(r,e) — = (G2) i(e) — e (G7)
f(x,i(z)) — e (G3)
f(f(z,i(x)),i(i(z))) f(z,f(e,i(i(y))))
o e
e G feil(@)  f(f(ze).ili(y)))) (CY (8) " f(a, y)
(G2)
f(,i(i(y)))
fle,i(i(z))) — = (G8) f(z,i(i(y))) — flz,y) (GI)

“Reduce Left” and “Orient” transform (G8) into

fle,x) — =z (G10)



f(i(x),i(i(2)))

(G3)

(G10)

f(i(x),z) — e (G12)

i(i(z)) — = (G11)

Delete (G9)!



f(z,f(y,2)) — f(f(z,9),2) (G1) i(e) — e (GT)
f(r,e) — = (G2) fle,x) — =z (G10)
f(x,i(x)) — e (G3) i(i(x)) — = (G11)
f(f(z,y),iy) — = (G4) f(i(z),z) — e (G12)
f, f(i(y), y)) /f(i(f(l’ y),t(z,y))
f(f(i)y) €D 1D e f(F([(f(r,y),2),9) O @2 ¢
(G2)
X
f(f(z,i(y),y) — z= (G13) f(f(i(f(z,v)),2),y) — e (G1l4)
FECEGE (2, ), %), ). 1(y))
f(i(F(,y)),2) (G (G19) " f(e.i(y))
(G10)
i(y)

fi(f(z,y)),x) — i(y) (G15) Delete (G'14)!



N 77 N 7N 7N N

N— e e N NS

N 7 N 7N N N

N 77 N 7N 7N N

N— N e N NS

AN 7N N /N N

Delete (G'15)!

(G16)

i(f(z,y)) — f(i(y),i(z))

Convergent TRS which is equivalent to &:

{(G1) — (G4), (G7),(G10) — (G13), (G16)}



